1

Until recently standard open-economy models with incomplete financial markets have
been unable to provide an appropriate framework to analyze the root causes of global
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Abstract

We extend the algorithm proposed by Devereux and Sutherland (“Country
portfolio dynamics, JEDC, 2010) for computing the optimal static and dynamic
portfolio to a setting with multiple assets and multiple countries. We apply
this technique to investigate the impact of the emerging economies, financially
less developed, on the allocation of internationally traded assets in financially
developed economies.

In a calibrated three-country economy, we discuss the impact of the trade
structure and varying portfolio allocation strategies in financially less developed
economies on the allocation of internationally traded assets in the rest of the
world. Our results highlight that the inclusion of financially constrained emerg-
ing economies can help to replicate certain features of gross assets and liability
positions in industrial economies, particularly in the United States. Further-
more, we show that our calibrated model is consistent with empirical evidence
concerning home bias in equities and foreign equity turnover.
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gross asset positions. The difficulty in calculating the optimal portfolio with in-
complete markets in standard DSGE models were so far of technical nature. Until
recently, standard numerical methods could not be applied because portfolio choice
is not well-defined in a certainty equivalence setting, as it would depend on higher
order moments, like the variance and covariance of asset returns. An alternative, but
more restrictive approach in the literature, going back to Lucas (1982), has been to
assume complete markets and full risk-sharing between economies and then charac-
terize the portfolio allocation in a decentralized equilibrium with a given set of assets;
recent contributions are Engel and Matsumoto (2005) Heathcote and Perri (2005)
and Kollmann (2006).

There is, however, a recent literature developing simple methods, applicable us-
ing standard solution techniques, to analyze portfolio allocation in dynamics general
equilibrium models, on which we build in this paper. This growing literature includes
key contributions by Devereux and Sutherland (2006, 2007), Evans and Hnatkovska
(2006), and Van Wincoop and Tille (2007).

The contribution of our paper is thus twofold. First, we extend the Devereux
and Sutherland (2007, 2010) methods for solving for optimal (steady-state and dy-
namic) portfolios in a setting with more than two agents/countries, allowing thereby
for certain countries to follow diverse portfolio allocation strategies. Second, we an-
alyze a calibrated three-country open-economy model in which one country, while
fully integrated in goods market trading with the rest of the world, faces constraints
in its savings decisions and portfolio allocation strategy. In the other two countries
comprising the world economy, households will instead optimally trade in a given
set of international assets, including bonds and equities. In this set up, we evalu-
ate the sensitivity of international capital flows to the asset market structure and
the stochastic environment. As for portfolio dynamics, our analysis contributes to
the recent theoretical and empirical literature on the relation between home bias in
equities, high turnover in foreign equities and trade flows (e.g. Tesar and Werner,
1995, Amadi and Bergin, 2008, Warnock, 2002, Hnatkovska, 2010, and, in particular
Portes and Rey, 2005). We show that our benchmark calibration generates home
bias in equities and high turnover in foreign equities, consistently with the empirical
evidence. Nevertheless, we also show that for a given degree of openness to trade
in goods, our three countries can display different degrees of volatility in financial
trade, depending, in particular, on asset availability and the type of shocks that these
economies experience.

Analyzing the impact of a less-financially developed economy on global capital al-
locations and their corresponding macroeconomic implications has been at the focus
of recent policy and academic debates. For example, in a recent influential paper Ca-
ballero, Farhi and Gourinchas (2007) argue that institutional constraints in emerging
Asia in its ability to generate financial assets from real investment might explain the
recent decline in US long term real interest rates, and the growing share of US assets
in the global portfolio. Mendoza, Quadrini and Rios-Rull (2008) show how this could
occur in a general equilibrium model because of underdeveloped financial markets
in emerging economies providing little insurance against idioyncratic shocks at the
micro level.



In light of these issues, this paper looks at the impact of emerging market portfolio
decisions on global capital allocations. First, we show that the inclusion of a finan-
cially underdeveloped emerging economy into our calibrated three-country model is
helpful in replicating some asymmetries in international portfolio allocations of ma-
ture and emerging economies. In particular, while the former set of countries holds
a substantial fraction of their foreign assets in the form of equities (including FDI),
the latter set of countries is more heavily invested in non-equity, debt securities, like
sovereign bonds. Further, while debt represents the preponderant fraction of gross
liabilities in advanced countries relative to equities, the opposite is true for emerging
economies like China, in which 3/4 of foreign-held claims are in the form of equities
and FDI. Note, however, the United States stands out even among G7 countries as
over 1/2 of its gross assets consists of equity claims, to the point that its gross assets
position in equities is more than 1.5 times as large as its gross equity liabilities. Our
calibrated three—country model is able to reasonably account for these features

To put our results in some perspective, it is helpful to compare our results to
those recently obtained by Heathcote and Perri (2008), Engel and Matsumoto (2005)
and Couerdacier et al. (2007 and 2008). Allowing for preference heterogeneity and
imperfect substitutability between domestic and foreign traded goods in a production
economy with capital accumulation, Heathcote and Perri (2008) show that a standard
two-country/ two-good RBC model can generate substantial home bias in equity
holdings, because relative returns to domestic stocks move inversely with relative labor
income in response to productivity shocks. In a similar vein, Engel and Matsumoto
(2005) argue that sticky prices are an additional feature that is able to generate a
negative correlation between labor income and profits of domestic firms, also tilting
portfolio shares in favor of home equities.

In a paper that is related to ours, Coeurdacier, Kollmann and Martin (2007)
show that in an endowment economy with multiple goods, substantial home bias in
equities can be generated if assets traded in the model include not only equities but
also real one-period bonds. In a second paper, Coeurdacier, Kollmann and Martin
(2008) introduce shocks to investment demand and bond trading in the Heathcote
and Perri (2008) model, with effectively complete asset markets, and are able to
rationalize the observed pattern of international portfolios. In contrast to the former
paper, our model assumes incomplete markets in an dynamic economy with nominal
bonds, and, while also abstracting from the specification of the production function,
provides an empirical calibration of the exogenous driving forces of our model. A
closely related paper that also looks at the impact of emerging market economies on
advanced economies is Devereux and Sutherland (2009). They focus is however on a
two-country set up.

The remainder of the paper is organized as follows. In the following section, we
describe the three-country open economy model that we utilize for our analysis. In
Section 3, we discuss our multiple-agent extension of the Devereux-Sutherland (2007)
algorithm for the steady state, while the Appendix discusses the extension to the
dynamic portfolio problem. Sections 4, 5 and 6 present the model calibration results
based on a two-country model and results based on the three-country model, respec-
tively. Section 7 discusses the dynamic-portfolio results while Section 8 concludes.



2 The model economy

The world economy consists of three countries. All countries are completely special-
ized in one traded good, of which they receive an endowment each period. Agents in
country 1 and 2 can freely trade domestic and foreign claims on a fraction of their
endowment (equity) and borrow and lend in zero-net supply nominal bonds denom-
inated in their respective currencies. In contrast, country 3 is subject to financial
restrictions namely the lack of domestic bond market.

For the sake of simplicity, we describe below the equilibrium conditions that apply
to unrestricted, symmetric countries 1 and 2, only for the former. Therefore, all (rel-
ative) prices will be expressed in terms of country 1 consumption basket. Obviously,
in the case of asset prices and returns, appropriate arbitrage conditions will assure
that the law of one price holds across all internationally traded securities.

2.1 Asset prices and returns

In country 1 and 2, four assets are traded internationally: two nominal one-period
bonds and two equities. Following the standard approach in international finance
since Lucas (1982), from country 1 perspective, domestic and foreign equities rep-
resent claims on (a fraction of) the endowments of goods 1 and 2, denoted by D,
and Dy, respectively — specifically, shares in the fixed, positive amount of ‘trees’
yielding them, for simplicity normalized to 1.

The unitary real payoff of a share of the home equity purchased in period t — 1 at
real price Z{",_, is thus P, Dy, + Z%, where Z{" is the real price of country 1 equity,
and P, is the relative price of good 1 in terms of country 1’s CPI, P;;. As a result
the realized, ex-post gross rate of return on equities in country 1 is defined as:

E
_ Py Dy + Zl,t+1
M1 = 7B : (1)
1t

Nominal bonds represent a claim on a unit of currency of country 1 or 2 the next
period and are assumed to be in zero aggregate net supply. Assuming that the real
price of a claim to country 1 currency is denoted by th, then the real ex-post return
on a nominal bond purchased at time t is therefore:

1
B
rB == 2
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Similar conditions hold for assets issued in country 2, with their prices and returns
being denoted with th and th, and 7"2E,t+1 and 7“2%“, respectively.

2.2 Households

Representative households in country 1 maximize expected lifetime utility by choosing
purchases of the consumption good, C} given the following standard, CRRA utility



index:

Ey

>t (1 ).

where [ is the discount factor, and p denotes risk aversion. Aggregate consumption
C} is defined across all home and foreign goods, and its functional form is given by
the following constant elasticity aggregator:

1 _1 1 1 1 1 %
Gl =) (L)' + (ud) " (CL)' 7 + (ud) " (Ch) ]

where C’l{t with ¢ = 1,2, 3 stands for consumption goods originating in the correspond-
ing country 7. The parameter 6 stands for the elasticity of substitution between goods
of different origin, while ;; measures the importance of different goods in preferences
of households, with », y; = 1. The above aggregator could be easily generalized to
the case of country and goods specific shares i, and elasticities 67.

The corresponding demand for domestic and foreign goods, derived from expen-
diture minimization, can be written as follows:

—6
011,1; = Mipl,t Ctla
—6
021,1; = M%Pm; Ctla
O%,t = sk 3_,t90t1 :
Utility maximization is subject to following budget constraint in real terms:

N-1
Cl+ NFA = rlNFA] (+> oy yrag, + Py (Yig+ D). (3)
k=1

Each period the representative household has to decide how to split income between
consumption and net foreign assets NF' A;. Its sources of income consist of the two

stochastic endowments of good 1, Y} ; and D, 4, and of the real returns on past savings,
N-1

rP, NFA} | + E 417k, where T, is Teal returns in excess of r{, of all other

k=1
assets, so that V — 1 = 3. The key distinction between the two endowments Y7,

and D, is that only claims to the latter could be traded on financial markets before
uncertainty about it is resolved, as explained above, while the former could be traded
only on spot goods markets after its amount is realized every period.

Following Devereux and Sutherland (2009), we have written the budget constraint
(3) in terms of NF'A;, the net foreign asset position of the country, defined as:

NFA;, = 32175 + S%tZQE,t - S%tzlE,t - B%ta
= B%t + B%t + S%tZQE,Jt + (S%t - 1)th>
where B}, and Bj, are country 1 real holdings of bonds denominated in currency 1 and

2; s1, and s}, are country 1 holdings of claims on Dy 441 and Dy 4. Correspondingly,
B?,, B3, si, and s3, are holdings by residents of country 2. The second equality is



obtained by using the market clearing conditions for country 1 assets, requiring that
bonds be in zero net supply and the equity shares sum up to 1, namely:

Bllt+B%t =0
Sit—i_s%,t = L

Correspondingly, we denote real gross asset positions brought into period ¢ from
the end of the period t — 1 for country 1 as ay,_,, defined as follows:

O‘itq = thq (5%&1 - 1) ) (4)
a;,t—l = th—lsé,t—l’ (5)
O‘é,tq = 321,1;13 (6)

namely, they represent gross holdings of country 1 equities by the rest of the world,
gross holdings of country 2 equities by country 1 residents, and gross holdings of

currency 2 bonds by country 1 residents. Notice that, by construction, Bj, , =
N-1

NFA;1 — Z O t—1-

k=1
Finally, optimal savings and portfolio decisions can be characterized by the fol-

lowing standard first order conditions:
1— 1—
(Ctl) = BE; [(Ctlﬂ) prﬁt+1i| ) (7)

By [(Ctlﬂ)lip mk7t+1] =0 (8)

for k = 1,...N — 1. Similar relations will hold for the representative household in
country 2; in particular optimal savings and portfolio decisions will be characterized
by the following first order conditions:

1— 1— Ql
(€)' = 55, [ (C2) " P g | ©
i+
2 \1-p Q%,t-&-l _
Et (Ct—i-l) 7’1‘]{7t+1—1 —0, (10)
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where Q%,t is the consumption-based real exchange rate between country 1 and country
2, expressed in such a way that a depreciation from the perspective of country 1 will
imply an increase in its value.

Finally, in addition to resource constraints for each individual good demand to
hold, the model’s equilibrium description requires to the nominal price level in each
country to be determined. As in Devereux and Sutherland (2009) we assume that the
following quantity equation pins down the aggregate price level P, ;:

M; P,
= {t (Yi: + Du), (11)
Pi,t it

where obviously Q1 , = 1.



2.3 Exogenous processes

We consider the following real and nominal shocks. First, we assume that endowment
components Y;; and Dy, i = 1,2,3, follow AR(1) processes with country specific
parameters and innovations correlated across shocks and countries:

log Yy = ¢y;log Yii_1 + ey,4, (12)

log Diy = ¢pilog Dyy—1 +€p, 1, (13)

where ¢y and ¢p are the persistence parameters, and ey, and €p; are country spe-

cific iid innovations. Second, nominal shocks are introduced by assuming that in all
countries the monetary authority follows an exogenous money supply rule:

log My = ¢arilog M1 + e

where the term also €57, represents a country specific iid innovation. The variance-
covariance matrix of all the shocks will be denoted by the e z e matrix X; however,
we will conduct some robustness checks in which we assume directly a process for the
nominal price level.!

3 Solving for steady-state portfolios

In this section we describe our solution procedure which extends the methods in
Devereux and Sutherland (2006) to an economy with more than 2 agents, potentially
solving different maximization problems. After briefly outlining the procedure for
the 2-country case, we proceed to extend it to the 3-country case, where country 3
portfolio choice follows from utility-maximization or other criteria like portfolio return
variance minimization.

3.1 The 2-country case

Under some general conditions, Devereux and Sutherland (2006) show that in the
case of 2 countries/agents the (near-stochastic) steady-state optimal portfolio vector,
o, will be implicitly defined by the following moment conditions obtained by taking a
second order approximation of the (difference of the) portfolio first order conditions
(8) for country 1 and its foreign counterpart, around a nonstochastic steady state:

—_ —_ 1 —_— —
Ei 4 [(Ctl - Ctz - ;Q%t> 7’@;4 =0, (14)

'In some experiments we also assumed that the nominal exchange rate between country 3 and 1
is fixed, so that money supply will have to be adjusted accordingly, but results are broadly similar
to those with flexible exchange rates.



where T denotes the log-deviation of variable x from its steady state value. Under the
assumption of homoschedastic shocks, the above conditional moments, one for each
excess return k, will be the same for any period.

As it is clear from (8) that up to first order of approximation excess returns are
N-1

i.i.d. variables, the term Z a,ﬁvt_lrxk,t in the budget constraint depicting the wealth

k=1
effect arising from realized excess returns on foreign assets and liabilities, can be

replaced with the auxiliary, i.i.d. variable ftl 2 also up to first order. Therefore, a
solution with standard methods for the log-linearized equilibrium around the non-
stochastic steady state will yield policy rules for the vector of excess returns Rx;
(comprising all individual 72y ;) and for the PPP adjusted, marginal utility differen-

— — 1 —
tial Aj? = ( C} — C2 — =Q}, | , which will be linear functions of innovations &, also
p I

indirectly through ftl 2 namely:

}/%;Ut = R1§t1’2+325t
Ay, = &7+ doey,

where Ry, Ry, dy,dy are matrices of coefficients.? Since up to first order 52’2 = &’]/%\a:t,
where & = a3~! the auxiliary variable could be substituted out to obtain expressions
in terms of fundamental innovations &, for A;* and Rx,. Therefore, the time-invarying
portfolio moment conditions (14) will amount to the following matrix equation as a
function of a:

0=(-Ra) " RYX [ﬁldla’ (I - R@) ' Ry+dy) (15)

where X is the variance-covariance matrix of fundamental shocks. It is then easy
to obtain an analytical solution for the vector @, representing the gross holdings of
foreign assets and liabilities for country 1, excluding the reference asset — the latter’s
position will be derived from the assumed level of steady state net foreign assets:

(dhSRY) (ReXRY) ™
(dy — (d,SR}) (RySRy) " Ry)

a'=-p (16)

this expression, though slightly different from that derived by Devereux and Suther-
land (2006), could be shown to imply the same solution for @.

2The real marginal utility differential A will also be a function of state variables, like foreign
wealth distribution across countries.
3The moment conditions can be written also as:

/
Ro%ds + RySR), ((I - Rla')*l) ad;, = 0

((I—Rla’)')_ladl =~ (RyZRY) " (RoXdy);



3.2 The 3-country case

In the case of more than two agents, to take into account the effects of asset returns
on the wealth distribution across agents, we will have to first keep track of the asset
holdings of J — 1 agents, and include the relevant moment conditions from their
portfolio optimization problems. In our 3-country economy, in addition to country

1, it will be enough to characterize foreign asset holdings by country 3, replacing the
N-1

termz Oéi,t_lTIk,t in the corresponding budget constraint with the auxiliary, (up to
k=1
first order of approximation) i.i.d. variable ¢°, and taking into account the effects
of both @172 and 53’3 on country 2 wealth. By Walras’s law, it must be the case that
net foreign assets in country 2 will be equal to the negative of the sum of net foreign
assets in country 1 and 3, NFA} and NF A3, Therefore, the negative of ( 151’2 + 5}1’3)
will capture the effects of the steady state gross holdings on country 2 net wealth.
Secondly, with a first order approximation of the model in hand, we will solve
for excess returns Rz, Ai’Q, defined as above, and its counterpart Ai 3 for country
3, which will depend on the specific portfolio problem solved by this country, as a
function of fundamental innovations ¢ and of & % and & #_ Since as before

1,2 -
[ &513 ] = & Ray,
t

the moments conditions from the specific portfolio optimization problem are a func-

tion of the optimal steady state portfolio, @ = fa — the latter will be now a matrix.

Country 3 utility maximization In the case of utility based portfolio optimiza-
tion by country 3, it is possible to obtain a closed form solution for @. The portfolio
optimality conditions will be the counterpart of (14)

—_~ —_~ 1/\ —
Ei {(Ctl - C} - ;Q:lg,t) 7“%4 =0, (17)

because of the following equality,

((I - Rla’)_l)l a=a ((I - a’Rl)*l)/ ,

and noticing that @’ Ry is actually a scalar in this case, the above moment conditions simplifies to
ad; = — (RoXRY) ™ (RoXds) (1 — Ry@),

from which it is easy to derive the solution for @ provided by Devereux and Sutherland (2006):

a = (RySdoR, — diRoSR,) ™ (RoXds).



— — 1 —
implying that A}? = <Ct1 —Cp - EQé’t) Up to first order, the relevant solutions

o 1,2 1,3
for Rz, A;”, and A, can be expressed as follows:

51,3
t
1,2 &’
At7 = dll |: 751’3 :| +d/2€t+ PN

/\ 51,2
R.I't = R1|: ¢ :|+R2€t

1,3 &7
At’ = 51 |: t1,3 :| +5é5t+

t

Substituting out & and & :

Rl’t = Egt
AP = de
A%’S = gft,

where:

R = (I-Rad) 'Ry

D = da (I-Ra) " Ry+d, (18)
5 = &a'(I—R@) " Ry+ 6

The portfolio moment conditions for A}® (and likewise for A}®) can thus be
written as

= DSR
/ /
— |da (- Ra&) " Ryt dg} SR, <(I - RQ&)*) , (19)
where as indicated above, @ = 87'a is now a (N — 1)z (J — 1) matrix, where in
the 3-country case J —1 = 2, and N — 1 is the number of excess of returns, in our

benchmark case with four internationally traded assets equal to 3. Rearranging the
latter expression yields:

hd = —(BIR) (RERy) ™ (I - Rad)
(B3R (RSB Ry — )& = (SR (RSRY)

or in more compact notation:

(GRR —d) & = DR (20)
lz(J—-1) (J-1)z(N-1) 1z(N—1)
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where R = YR}, (R,XR,)". Stacking the above condition for A%, and its counter-
part for A}? yields the following system:

(B,RR, —d)) 1 . [d; 1
/ / = / R, 21
[ (04RE, — &) | @ 5 (21)

which can be readily solved analytically for the steady state portfolio holdings if the
right-hand side matrix matrix has a (generalized) inverse:*

' oy 171L '
o[ Grn-] (5] e

4 Calibration

We adopt the following symmetric parameterization, implying that all countries have
equal size. Concerning preference parameters, we assume the following values: the
risk aversion parameter p = 2.0; the elasticity of substitution parameter § = 3; and
the time preference rate 8 = 0.98. Furthermore, in the baseline calibration we set the
preference parameters p! so that in all three economies the exports-to-GDP ratio is
20%, divided equally between the two foreign countries — for instance, in the case of
country 1 we set ui = 0.8, and pj = pi = 0.1; symmetric values are assumed for the
other countries. As an implication, in the steady state, both the bilateral and overall
trade is balanced, consistently with the assumption that NFA positions are all zero
in the steady-state; subsequently we will look at a situation in which country 1 has a
negative long-run international investment position vis-a-vis country 3, while keeping
the preference parameters at their baseline values.

A crucial ingredient in the numerical exercises below is the stochastic properties of
the exogenous processes, including the variance-covariance matrix of their innovations
Y. In our model, these processes contain two endowment shocks for each country i,
denoted by Y;; and D;;, and an exogenous process for money denoted by M;; (or
consumer prices P;; in some robustness exercise). While D; represents the fraction
of country endowments on which claims are tradable on financial markets, Y; can be
interpreted as financially non-tradable income. Therefore, we identify the empirical
counterparts to the model’s exogenous variables D; and Y; with the real dividends
components of equity returns, and the real compensation of employees, respectively,

4Dedola and Lombardo (2008) formally solve for the general case of k excess returns, e shocks
and n utility-maximizing agents, showing that the closed form solution for the optimal steady state
portfolio matrix @ will be of the form:

-1
(DYRRy — DY) Dy
a =4 (DYRRy — DY) Dy | R

exk

(D2VRR, -~ DpV) | | DRV

(n—1)z(n—1) (n—1)ze

11



both deflated with domestic CPIs. The share of financially nontradable income in
the steady-state Y is set at 85 percent, so that D equals 15 percent of total
income — a similar proportion holds in the US data between dividend and nonfinancial
personal income, although it could be a bit too high for emerging markets like China.’
Moreover, we use data on broad monetary aggregates for M; and consumer price
indeces for P;;. In a data appendix, we describe in details the data transformation
and the data sources.

To obtain an estimate of the variance-covariance matrix of the exogenous shocks
3} and their autoregressive parameters, we estimated a VAR of 9 variables by OLS,
for simplicity restricting the lag length to one and assuming a diagonal autoregres-
sive matrix, as in the model. The sample consists of quarterly data from 1994:Q1
to 2007:Q4 for the USA, the euro area and China. The estimated parameters are
reported in Table 1. Panel A presents the variance-covariance matrix, where the
diagonal reports the relative variances of the shocks with respect to ey;, the inno-
vation to financially non-tradable income in country 1 (the USA), while off-diagonal
elements indicate the correlation between the shocks. As it is clear from the formulae
derived in the previous section, this matrix is a crucial determinant of the optimal
portfolio holdings. Note that all real shocks turn out to be substantially more volatile
for country 3, reflecting the properties of Chinese data — and generally of emerging
Asian economies, as discussed below. Real dividends shocks turns out to be more
(than 5 times as) volatile in the euro area than in the US, but the opposite is true for
financially non-tradable income, which is twice as volatile in the US as in the euro
area.

Tablel, Panel A: Estimated Shocks Covariance Matrix

&yy EYs €y, EmMy E Mo EM; €Dy EDy €Ds
£y, 1 016 -0.11 0.02 -0.07 0.08 0.26 0.17 -0.24
€y, | 0.16 0.49 0.35 0.02 0.14 0.17 0.07 -0.03 -0.11
ey, | -0.11 035 37.31 0.06 0.09 0.37 -0.01 -0.03 0.16
er | 0.02  0.02 0.06 4.25 -0.01 0.16 0.30 0.02 0.04
en, | -0.07  0.14 0.09 -0.01 0.76 0.01 0.12 0.03 0.08
ems | 0.08  0.17 0.37 0.16 0.01 3.22 0.25 0.05 -0.13
ept | 0.26 0.07 -0.01 030 0.12 025 6.13 -0.09 -0.09
€p, | 0.17 -0.03 -0.03 0.02 0.03 0.05 -0.09 31.84 0.08
ep, | -0.24 -0.11 0.16 0.04 0.08 -0.13 -0.09 0.08 269.89

The estimated persistence of shocks in all countries, reported in the Panel B of
Table 1, turns out to be quite similar across the US and the euro area, although it

®Coeurdacier and Gourinchas (2009) come up with a higher estimate of the share of income on
tradable financial claims for advanced countries, as they include in their measure not only dividends
but all profits and a fraction of mixed income. Conversely, the identification of this income com-
ponent with dividends on listed equities allows us to consistently estimate their stochastic process
across advanced and emerging economies.
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is relatively lower for Chinese data. Notice that the persistence of money shocks is
irrelevant for portfolio decisions as they have only one period real effects in our model.

Table 1, Panel B: Estimated Shock Persistence

py, = 0.96
PY, = 0.94
Pys = 0.78
prr, = 0.88
pas, = 0.99
pp1 = 0.93
pp, = 0.95
PDs = 0.64

As anticipated above, in some robustness experiments below we will use different
shock calibrations. Specifically, we will look at the effects of assuming directly an
exogenous process for nominal prices P; ;, and of calibrating country 3 shocks to data
for an aggregate of emerging Asian economies, rather than only China. To save on
space these alternative calibration are reported in a data appendix.

5 Country porfolios in a two country setting

In this section, we first analyze the optimal steady-state portfolio in a two-country
version of our model with no restrictions on financial trading by domestic households,
before turning to the main objective of the paper, to investigate how exposing these
economies to a third-country with distorted savings and different degrees of financial
restrictions affects their portfolio choices. Moreover, to provide an empirical counter-
part to our numerical results in this section and the next, we first report some evidence
concerning the composition of country portfolios in selected advanced and emerging
economies. The results for our two-country economy with incomplete markets and
trade in nominal bonds are of independent interest, as they complement analyses in
the recent literature on country portfolios conducted under complete markets and
trade in real bonds, often in static setting (see e.g. Coeurdacier and Gourinchas
(2009) and Coeurdacier, Kollmann and Martin (2007)). Because of flexible prices, in
our economy monetary shocks have real effects only on impact, when inflation sur-
prises affect the value of nominal bonds (see Akimoto and Engel, 2009 for an analysis
of the sticky price case with complete markets).

5.1 Empirical evidence on country portfolios

We start by documenting the well-known large amount of domestic equities in country
portfolio holdings, and the correspondingly under-representation of foreign equities,
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usually referred to in the literature as ‘equity home bias’. Table 2 presents in the first
column the share of domestic holdings of domestic equities in the G7 countries, China
and other Asian emerging economies for the year 2007; in the G7 this measure ranges
from 90 percent in the US to 65.3 percent in the UK, while it is around 80 percent
in emerging markets. The last column of Table 2 reports data in 2007 on a widely
used index of equity home bias, computed as 1-(Share of Foreign Equities in Country
i Equity Holdings)/(Share of Foreign Equities in the World Market Portfolio).® This
index is equal to zero if the share of foreign equities in country i’s portfolio is equal
to the share of foreign equities in the world market portfolio, while it is equal to 1
in the opposite polar case of full equity home bias. The values of this index in the
last column of Table 2 confirm the little opennes to foreign equities of all countries,
with particularly China and the other Asian emerging economies posting values very
close to 1, full equity home bias. In our model these measures would correspond

n i
n—1 gﬁ:@ gk
respectively, where n = 2 or 3 depending on the assumptions about the tradability of
country 3 equities.

to 32, J = 1, and, given the assumed symmetry among countries, 1 —

Table 2: Domestic and Foreign Equity Holdings in Selected Countries

Financial Domestic Share | Equity Home Bias
(in percent) (in percent)
United States 90.0 75.6
Japan 85.0 89.1
Germany 68.9 61.5
France 70.4 72.3
UK 65.3 66.8
Italy 7.2 57.2
China 85.9 92.1
Emerging Asia (ex-China)® 77.2 96.5

“Defined as the simple average of the following countries: Korea, Hongkong, India, Indonesia,
Malaysia, Singapore and Thailand.

Next in Table 3 we analyze the composition of foreign gross assets and liabilities
for the same set of countries, also in the year 2007.” The first column of the table
displays the share of gross foreign assets held in the form of equities over the total
of foreign portfolio assets, including securities held as official reserves. Developed
economies, with the exception of Japan in which foreign reserves are also quite large,
are characterized by a relatively high share of equities, ranging from 0.73 in the U.S.

6See, e.g., Fidora, Fratzscher, Thimann (2007) and Coeurdacier and Gourinchas (2009) for details.
"The data is from the IMF’s CPIS database and the updated and extended version of the External
Wealth of Nations Mark II database developed by Lane and Milesi-Ferretti (2007); for the US
economy we also draw from the following 2007 US Treasuries’ documents: the "Report on US
holdings of foreign debt securities", as well as the "Report on Foreign holdings of US debt securities".
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to 0.28 in France, with respect to emerging economies like China, in which this share
is as low as 0.02.

Conversely, column 2 shows the opposite for the share of equities in gross portfo-
lio liabilities, as for advanced economies the latter mostly comprise non-equity claims
held abroad, whereas China presents a much higher fraction of domestic equity claims
held abroad, equal to 0.96. However, the US stands out even among advanced coun-
tries as its portfolio assets comprise over 2/3 of foreign equity claims. This is clear
from column 3 and 4, respectively reporting the ratio of the absolute value of the
equity gross positions in portfolio assets and liabilities, and in overall gross assets and
liabilities, but now including FDI among equities.® This ratio, very similar across the
two measures, is much larger in advanced economies than in China, in line with the
findings in column 1 and 2, and it exceeds 1.5 in the U.S., while it is below 1 in other
major currency blocks like Japan and the euro area.’

Table 3, Panel A: Composition of Portfolio Assets and Liabilities in Selected Countries

Share of Equities Equities- Assets/Liabilities Ratio
Assets | Liabilities | Portfolio Investment Including FDI
0 @) B) @
United States 0.73 0.31 1.62 1.53
Japan 0.17 0.64 0.46 0.81
Germany 0.37 0.26 1.17 1.21
France 0.28 0.35 0.86 1.26
Italy 0.46 0.21 1.57 1.50
Furo area 0.41 0.49 0.64 0.89
UK 0.44 0.43 0.92 1.15
China 0.02 0.96 0.06 0.12

The above findings for China are in line with data for other Asian emerging
economies, as shown by Panel B of Table 3. These countries (also in striking similarity
to Japan) tend to have a share of equities in foreign securities generally much lower
than the US and the euro area, on average below 0.2, and a much higher share of
equity claims held abroad, often well in excess of 2/3. Even countries like Singapore
and Taiwan, although holding substantial amounts of foreign equities similarly to
advanced economies, differ from the latter in the composition of their liabilities, also
primarily in domestic equity claims.

8If we recompute the shares in columns 1 and 2 with the same convention, using total assets and
liabilities but including FDI among equity claims, we obtain very similar numbers for most countries.
Specifically, in the case of the US, euro area and China the shares in columns 1 and 2 would be:
0.56 and 0.32; 0.41 and 0.42; 0.06 and 0.76, respectively.

9The euro area as whole results less open than member countries like Italy or France, as cross-
holdings among the latter are netted out.
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Table 3, Panel B: Composition of Portfolio Assets and Liabilities in EME Asia

Share of Equities Equities- Assets/Liabilities Ratio
Assets | Liabilities | Portfolio Investment Including FDI
0 @) 3) @)
Singapore 0.51 0.89 1.62 1.09
Korea 0.23 0.70 0.30 0.40
Malaysia 0.11 0.66 0.18 0.39
Indonesia 0.03 0.73 0.01 0.13
Thailand 0.03 0.89 0.06 0.08
Taiwan 0.35 0.97 0.97 1.44
Philippines 0.05 0.53 0.07 0.15
Average 0.19 0.77 0.46 0.52

Taking stock of the evidence presented so far, the following features of country
portfolios, which will be the main focus of our numerical analysis in the rest of the
paper, stand out. First, both developed and developing countries are characterized
by substantial home bias in equity holdings, in terms of concentration of holdings of
domestic equities and values of the home bias index. Second, while the former set of
countries holds a substantial fraction of their foreign assets in the form of equities,
the latter set of countries is more heavily invested in non-equity, debt securities, such
as bonds. Third, while debt securities represent the preponderant fraction of gross
liabilities in advanced countries relative to equities, the opposite is true for emerging
economies such as China, in which almost 100% of foreign-held assets are in the form
of domestic equity claims. However, the US, while displaying a degree of home bias
not dissimilar to that of European countries, stands out even among the G7 as over
1/2 of its foreign assets consists of equities, to the point that its gross asset position
in equities is more than 1.5 times as large as its gross equity liabilities.

6 Steady-state portfolios in a three-country model

In this section we turn to investigating the effects on international portfolios in a
model with unfettered trade in goods with a third country — country 3 — but
different degrees of financial integration. Our goal is twofold. On the one hand, from
a positive perspective, we want to check whether extending this way the analysis we
can improve the ability of the model to replicate features of country portfolios we have
highlighted above. On the other hand, from a counterfactual perspective, we think
it interesting to explore the impact of differing asset market structures in emerging
economies, in light of the increasing degree of financial development and integration
that these economies are bound to experience.

Let us start, however, by examining the impact of the introduction of third country
in the model. It is instructive to consider first the case of financial trade limited
to bonds only. This case is the extension to three countries of the model used in
Devereux-Sutherland (2006). These authors show that the optimal bond portfolio in
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the two-country endowment model with bonds only amounts to:'°

1 1 o2y + o2
Bl— < 1y T 02y > ' (23)

2(1—poy) O-%,Y + U%,Y + U%,M + U%,M

This result shows that “global” monetary policy is important in determining bond-
portfolio positions. In particular, the larger the volatility of money supply in either
country, the smaller the long-run gross-portfolio holdings. By introducing a third
country we break this symmetry. With more than two countries it is not true any-
more that all bond-portfolio positions contract as any of the monetary policy stances
become more volatile. For example, it is possible to show that, in the limit of an in-
finitely volatile money supply in country 3, the portfolio position of country 3 reduces

to ) )
Oy1 — Oyo

lim B} =
03300 b3 (1—9¢y B) (U%ﬂ + ‘712\42 + 032/1 + ‘712/2)

for country 3’s holding of country 1’s bonds and Bi = 0. Moreover the position of
country 1 reduces to'!

(24)

2 2

lim B! — — 20y, + 0y,
=

2

25
03,00 3 (1= ¢y B) (03 + 03y + 031 + 05) 29)

and B3 = 0.

Therefore the symmetry imposed by the two-country set-up can hide important
factors driving observed portfolio positions, like large idiosyncratic volatility of mone-
tary policy that tilts the (short or long) bond holdings in favor of foreign currencies.'?
In this regard, introducing a third country further differentiates our work from Dev-
ereux and Sutherland (2009) who, in a two-country model, find that “|in| particular,
more volatility arising from price shocks will reduce the size of optimal portfolios, and
reduce risk-sharing across countries” (page 182).

We first start to examine the impact of a third country by controlling for any
changes in the covariance matrix and shock persistence, and comparing it to the re-
sults of a two-country model. In column 1 of Table 3, we reproduce the results for
the two-country case by setting the assuming no correlation and identical values for
the persistence and variances of the exogenous processes. As shown, the international

portfolio is subject to a large degree of home bias (s;=1.05 and s3—=1.05). This is
mainly financed by a large short position in domestic bonds. The results reflect the
desire by risk-averse households to insure against consumption fluctuations by choos-
ing assets that provide a good hedge against shocks to their wealth. It is well-known
that when all wealth is financially tradable, comprising only income on equity claims

19311 shocks are assumed to have the same autocorrelation coefficient ¢y .

" Country 2 is symmetric to country 1 and, hence, holds the same portfolio composition, mutatis
mutandis.

2Tn the two-country model with bonds and equities, even in the limit case of infinitely volatile
money supply agents would still trade in bonds denominated in the other currency. In this regard,
the number of assets and the number of countries play a similar and complementary role.
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D;, households would like to diversify the associated country-specific risk by holding
a substantial fraction of their wealth in foreign equities (e.g. as in Lucas (1982)).'3
However, the introduction of a financially nontradable component Y;, imperfectly cor-
related with dividends, generates a well-known motive to shift portfolio allocations
in favor of domestic equities (see e.g. Heathcote and Peri, 2008). Specifically, in
our setting with specialization in imperfectly substitutable goods and bias in favor of
domestically produced goods in preferences, this mechanism works in the following
way. Consider for instance a negative shock to Y7, which in our model leads to an
appreciation of the real exchange rate in country 1; for a given level of Dy and Ds,
this domestic appreciation makes domestic equities more valuable compared to for-
eign equities and thus a better hedge against fluctuations in non-financial endowment,
thus tilting the domestic demand in favor of domestic equities.

In column 2, we extend the model by introducing country 3, which is allowed to
trade equities internationally, but is unable to issue bonds. The latter reflects the
lack of functioning domestic bonds market in emerging market economies. In order
to control for the effects of a change in the covariance matrix, we continue to assume
that shocks are uncorrelated and have the same variance. The results indicate that
the introduction of country 3, increases the home bias in equities in country 1 and
2 (s1=1.10 and s3=1.10). At the same time, country 3 is subject to a relatively
large degree of home bias as s3 = 0.9463, but below the one documented in country
1 and 2. The latter reflect the lack of domestic bonds in country 3. As discussed
in Coeurdacier and Gourinchas (2009), there is a negative relationship between the
degree of home bias and the country’s bond position in its own currency. The reason
is that an increase in domestic equity holdings increases its implicit domestic currency
exposure. Investors optimally undo this exposure by shorting the domestic currency
bond. As country 3 is lacking a functioning bond market, it is unable shortening the
domestic bond, which results in a lower home bias in equity. This establishes our first
set of result: the introduction of an emerging economy with no local bond market
into the international financial system, increase the home bias in advanced economies.
The lack of domestic bonds market results in lower home bias in emerging economies
than in advanced economies.

In the next step, we add the calibrated shocks to the two-country model. The
results are shown in column (3). There are several features of the calibrated two-
country model that stand in contrast to the stylized facts documented above. First,
home bias in equities in country 1 are below those documented for the US. Second, the
share of equities in assets in country 1 (documented in a third row from below) are too
low compared to the data. Adding a third country changes this picture significantly
(column 4). As we have discussed above, the introduction of a third country with
no trade in domestic bonds, increases the home bias in advanced economies. This
is effect, particularly in country 1, is not driven by the calibration of the covariance

13Because of equality of the two countries, including preferences, in Lucas’ model countries hold
a perfectly diversified, 50-50, portfolio of foreign and domestic equities.

M Notice, however, that our results depend on the behavior of monetary policy in the model. Here
we assume that monetary policy follows a simple rule associated quantity equation. Se Deveraux
and Sutherland (2008).
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matrix, but by the endogenous propagation mechanism of the model. The home bias
in country 1 is increased close to its empirical counterpart of s{ = 0.69. At the same
time, the third-country model is also able to reproduce an additional stylized fact in
the model, namely the large share of equities in assets, but the relatively low share
of equities in liabilities in the data for country 1. Both ratios change into the right
direction compared to the two-country setting.

Table 7: Steady State Portfolios

ORECRECENC

st 1.05 | 1.10 | 0.57 | 0.69
s 1.05 | 1.10 | 0.74 | 0.64
s3 0.03 0.40
B -2.00 | -2.45 | -0.33 | -0.72
Bl 2.00 | 1.24 | 1.59 | -1.04
s3 -0.13 -0.13
s3 -0.13 0.22
s3 0.95 0.53
B? 1.20 0.55
B3 1.20 2.30
Equities in Assets 0.55 | 1.00
Equities in Liabilities 0.91 | 0.54

Taking stock of our results, we have found that extending the calibrated model to a
third country, financially underdeveloped, goes a long way in bringing about several
realistic features of advanced and emerging country portfolios, both qualitatively
and quantitatively. While equity home bias in both (‘advanced’) countries 1 and 2
significantly increases relative to the two-country version of the model, these countries
hold a substantial fraction of their foreign assets in the form of equities. We have
argued that this result is mainly driven by one particular feature of the model, namely
the lack of domestic bond markets in country 3, the emerging economy.

7 Portfolio dynamics

Devereux and Sutherland (2010) have shown how to derive the first-order-accurate
optimal law of motion for the portfolio shares in a two-country two-assets model. One
of the contributions of our paper is to extend their technique to portfolio problems
with more than two countries and more than two assets.'® We discuss the details of

15Coeurdacier et al. (2010) study the optimal portfolio dynamics in a two-country model with two
bonds and two equities. As there are only four shocks in their model (TFP and investment specific
shocks) there is perfect spanning and asset markets are (effectively) complete. In our model there
is no perfect spanning as we have more shocks than assets.
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the solution technique in the Appendix.

In this section, we apply the extended DS technique to study the implications of
our model for international transaction flows in equities (turnover). Tesar and Werner
(1995) show that turnover in domestic holding of foreign equities is higher than the
turnover in domestic holding of domestic equities. These authors define turnover in
foreign equities as the ratio of total transactions (purchases as sales) to total holding of
these equities. Due to data availability, the domestic turnover is simply the sum of all
transactions (purchases and sales) in the domestic stock market divided by the market
capitalization. They argue that their evidence casts doubts on explanations of the
home bias in equities based on transaction costs (see also Lewis, 1999).' Hnatkovska
(2010) develops a solution technique for portfolio dynamics alternative to DS and
uses her technique to calculate the home bias and turnover in equities in a two-
country, two-sector DSGE model. She finds that “Both home bias and international
capital flows are driven by variations in international relative prices which arise from
productivity changes.” Portes and Rey (2005) provide evidence that bilateral trade
flows and bilateral equity flows are positively linked.!” They also find some evidence
that bilateral equity flows and equity holding are positively correlated.®

In light of this literature, we cast our analysis in terms of the link between trade
in goods (openness), home bias in equities and equity-transaction flows.

Figure 1 shows turnover and home bias in equity for different values of the home
bias in consumption.'® Since trade elasticity is also an important determinant of
home bias in equities, we report the results for three possible values of @, i.e. 1.5, 3
and oo. The first two values correspond to values considered in the open economy
literature. The perfect substitutability case, instead, is a polar case of particular
theoretical importance, as, in this case, the relative prices are constant so that there
is no terms-of-trade risk.?’

Consistently with our results discussed in previous sections, home bias in con-
sumption (trade flows) has implications for home bias in equities, with the relation-
ship between the two forms of home bias being non monotonic. These results are
robust to different values of the trade elasticity.

As for turnover, Figure 1 shows three important results. First, foreign turnover
is not always larger than domestic turnover for all countries and for all degrees of

6Warnock (2002) shows that by using updated observations foreign-equity turnover is smaller
than that reported in Tesar and Werner (1995), although it is still about twice as large as domestic
turnover for US and Canada. Rowland (1999) points out that these measures are very sensitive to
the relative denominators used in calculating the turnovers. So while the turnover in foreign equities
is higher, the total number of transactions might be much lower. Amadi and Bergin (2008) report
high turnover rates in foreign equity holding and find that they are compatible with fixed costs of
entering the foreign market, as opposed to per-unit trading costs.

"They estimate an elasticity of about 0.36 which increases to 0.48 when the sample is restricted
to European countries.

8Indeed they find that the elasticity of flows of foreign equities with respect to domestic holding
of foreign equities is one for the US. Acknowledging the limits of their “US-centered” sample they
argue that their evidence is “a first step towards gathering a set of stylized facts that unified theories
of trading and asset holdings will have to match.

19Tn our three country model, home bias in consumption is obtained for values of p > %

20Perfect substitutability is approximated by setting 6 = 1000.
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home bias in consumption. In particular the trade elasticity plays an important role.
Second, foreign turnover is not systematically increasing in the degree of home-bias
in consumption across countries. Third, there is no systematic relationship between
domestic and foreign turnover across countries for varying degrees of home bias in
consumption.

Under our benchmark parametrization (¢ = 0.8 and § = 3) turnover in foreign
equities is larger than turnover in domestic equities for all countries. Therefore, and
similarly to Hnatkovska (2010), we show that it is possible to generate empirically
plausible degrees of home bias in equities and high foreign equity turnover in a rela-
tively simple model and without trading costs. Nevertheless, our analysis also shows
that factors determining home bias in equities (i.e. trade flows) not necessarily bring
about higher turnover in foreign assets.

This implies, for example, that for country 2 and 3 and relatively small trade
elasticities our model can produce results that are qualitatively in line with Portes
and Rey (2005) while the pattern displayed for country 1 is inconsistent with the
available empirical evidence.

Our simple analysis suggests that there could be heterogeneity across countries
concerning the trade-holding-flows relationship. In our model this heterogeneity de-
rives from different asset structures as well as from differences in the stochastic shocks
affecting the economies. Further empirical research in this direction could shed light
on the cross-sectional variation in the trade-holding-flows relationship.

8 Concluding remarks

This paper investigated the effects of the emergence of financially constrained
("emerging") economies on the long run portfolio allocation of financially liberal-
ized ("mature") economies. To do so, we depart from the usual small open economy
assumption and adopt a multi-country model. We extend the Devereux and Suther-
land (2006) algorithm, solving for optimized portfolios in a macroeconomic model
with more than two agents, possibly with different objective functions. While we
were able to obtain closed form solutions in the case of utility optimization by all
countries representative agents, unfortunately closed from solutions are not generally
available in other cases, and the model has to be solved numerically. In this setting,
we have conducted several experiments, assuming that country 3, though fully inte-
grated in goods market trading with the rest of the world — the financially integrated
country 1 and 2, one country — is subject to varying degrees of international financial
restrictions.

First, however, we have shown that our calibrated two-country DSGE model,
though simple, is consistent with the degree of domestic equity homes bias observed
in the data. Furthermore, we have also shown that under incomplete markets, the
time series properties of the shock processes, like their persistence and covariance
structure, as well as preference parameters like the elasticity of substitution, matter
for the equilibrium long-run portfolio, in contrast to the complete markets invariance
results obtained in the literature.
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Second, we have shown that, even the trade pattern with a financially autarkic
third country is an important determinant of gross asset positions in the rest of the
world. Under our benchmark symmetric calibration, the emergence of trade with
country 3 reduces the role of domestic and foreign assets in providing hedging against
consumption fluctuations in mature economies, resulting in a decline of gross assets
positions and an increase in equity home bias. The latter result is amplified by the
degree of openness.

Third, assuming inefficiencies in savings decisions in country 3, we have explored
the consequences of different foreign reserves allocation strategies by this country. In-
terestingly, we have shown that there are substantial differences in the international
assets allocation depending on the objective of reserves allocation pursued by country
3. In particular, adoption of an objective of return variance minimization increases
the degree of home bias in unconstrained economies (country 1 and 2), compared to
mechanical investment of reserves in country 1 bonds. Moreover, we have shown that
in this case the denomination of the real return on the reserves portfolio in country
3 has only limited effects on asset allocations internationally. Interestingly, pursuing
a benevolent reserve allocation strategy, based on domestic households utility maxi-
mization, will lead to very different results, as in this case country 3 holds very large
gross positions in foreign equities, reflecting the large hedging demand caused by the
relative high domestic shock volatility. In turn, a substantial reshuffling of equity
holdings in the rest of the world will ensue.

These results are interesting, as they highlight the relevance of a change in portfolio
allocation strategy in systematically important financially underdeveloped economies
on international capital markets. As a result, policy changes in reserves allocation
strategies may have substantial effects on international holdings of foreign assets not
only in emerging economies, but also in financially developed industrial economies.

As for portfolio dynamics, our analysis contributes to the recent theoretical and
empirical literature on the relation between home bias in equities, high turnover in
foreign equities and trade flows (e.g. Tesar and Werner, 1995, Amadi and Bergin,
2008, Warnock, 2002, Hnatkovska, 2010, and, in particular Portes and Rey, 2005).
We show that our benchmark calibration generates home bias in equities and high
turnover in foreign equities, consistently with the empirical evidence. Nevertheless,
we also show that for a given degree of openness to trade in goods, our three countries
can display different degrees of volatility in financial trade, depending, in particular,
on asset availability and the type of shocks that these economies experience.
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Appendix

A Computing portfolio dynamics

We are now in the position to solve for the portfolio dynamics. We first present the
case of two agents and one asset to re-cast the Devereux and Sutherland (2010) result
into our notation. The multiple-agent multiple-asset case will be a straightforward
extension.

A.1 The two-agents one-asset case

Devereux and Sutherland (2010) show that in order to obtain a second-order accurate
solution for the portfolio dynamics, one has to take a third order approximation of
the consumption Euler equation of each agent.?! In particular, with reference to their
equation (26) we have

2
Ey|=p (Ct+1 - C:+1) Tat+1 + - (Ct2+1 - C:ﬁ) Fat+1 — g (Ct+1 - Ct*+1) (Tit+1 - Tg,tﬂ)

2
(26)
In order to evaluate this expression we need the solution for consumption and the
return on the assets at most to the second order of accuracy.
As shown in Lombardo and Sutherland (2007) the second order solution for the
consumption differential between the two agents can be written as

First order part
7\

(C—=C*) = Dif+ Dye + D3z

+ Do + Dyvec (e€') + 2’ Dse + Dgvec (z2') (27)
Second S;der part
and
first order part
—N—
r, = Ri&+ Roe
+Er,] — R4§ + Ryvec (e€) + 2/ Rse (28)

Second order part

where all the variables have the same timing, ¥ - E [vec (e€')], and where 2/ =
[y, S111]; @ being the e x 1 vector of shocks and s; the [ x lvector of endogenous
state variables.??

21This subsection does not add anything to Devereux and Sutherland (2010) except reproducing
their calculations using matrix notation in place of tensor notation.

22Gee the Subsection A.6 for a second-order state-space representation of the solution. The ma-
trices in equations (27) and (28) correspond to transformations of the rows of the P matrices given

in the Subsection A.6. Notice that, up to second order, Ry = E [r,] — R3z — R4§ — Rgvec (zz') and
that, since up to first order 7 is i.i.d., R3z = 0. Notice also that it is possible to re-write terms like
Rsvec (e2') as 2z’ Rse. The arrows denote vectorization.
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Devereux and Sutherland (2010), show that the portfolio dynamics can be de-
scribed as a linear transformation of the state variables, i.e.

a1 =7 2z (29)

where 7 in this case is a ([ + e) x 1 vector of coefficients to be determined.

The second order approximation of the budget constraint of each agent (equation
(3)) generates a term in the cross product of the portfolio and the excess returns:
o175 Following Devereux and Sutherland (2010), we can express this product as
an i.i.d. variable

§i41 = Ty t+1 = V241"t 41 (30)

Since this relation involves only first order variables, we can use the first order
part of equation (28) in the latter expression to get (dropping time subscripts)

€ ='zRge = Roez'y (31)
Replace this into (27) and (28)

(C — C*) = DO + D12/’7R2€ + Dgé? + DgZ
—|—D4g -+ ZIZA)5€ + Dﬁz? (32)

and

re. = Elry]— R4§ + R1Z'yRye + Roe
+RE + 7 Rie. (33)

As this expression involves first order terms in C' and r; owe need the first order
solution to these variables, i.e.

C=CletCllz C*=CFeyCF2
ri=Rle+RE: ry=REe+ RE2

where by the i.i.d.nature of r, must be that R = RY.
Taking cross-products of these equations we have, e.g.

C?=(CleocheZ+ (CleocZ+ [(CHeoci)+(CHoCi) P22 (34)

where P, is a vector-permutation matrix. For convenience we re-write these cross
products as

C?=CHL, 22+ ClL.22 + CIL,e2 C*? = CL,e2 4+ CL .78 + CL.E2
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and
C?— C*? = CLFE2 + CHL P22 + CILF 22
and
-y = REGE + RESTE

where we have defined e.g. CaL," = (Cil, — CL.,).
Consider one addendum of equation (26) at a time (and abstract from the p
coefficient for the time being), i.e.

Dory + D12/ yRoer, + Doery + D3zry, + DyE8r, + 2’ Dser, + Dgz%r, (35)

(CoLFE2 + O P22 + CHLLFEE) x &R, (36)

(Doe + Dy2) x  (RELFEE 4 RIFE2) (37)

Let’s start with equation (35). Recall that to first order r, = Rye, while, to a first
order O — C* = Cy Fe 4 OS2

Notice that since Doce’ R, = 0, and assuming that third moments of the shocks are
zero, the (conditional on time t) expected value of equation (35) reduces to (omitting
the expectation operator)

[RQEEIRIQDlz/ v+ 2'15555’1%'2] + (z’R555’D’2) +
+DyeE ] + <E Ira] — (i) R, + (22 RQ) (Dy2)
Notice that
(Bl () #o+ (@) ) (D22) = (£l (D22

Furthermore notice that the sum of the second order expansion of the Euler equa-
tions we can derive an expression for E [r,]. So for, say the home country, have

1, 1. o (A

Adding this to the foreign counterpart yields,

Elr,] = PE [(CQH + C’f) ee' Ry + (Cf + Cf) ze’R’z} —

> (R3es"28 + R 22)

N | =

implying that
1
(B lrl) (Ds2) = p (CH) IDy2918) ~ LREF 22Dy
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and that

DocE [r,] = p (C3' + Cf) zRpee’ DYy — %Dge (REIE2) = ——Dgg (RELFE2) =0

where we have used the fact that

Dse (RELFE2) = Doe (REec'RY — RYee’'RE) = DaeREec' R, = 0

and that D3z is a scalar and that (C} + C3') SRy = 2C'S R}, + DS R).
The first addendum of equation (26) gives®

E [Rst’Rgplz’ v+ Z/D5€€,R,2} ¥
R 1
(z'R5gs’D;) + 0 (Cff) [DySRy] — S R 5Dy
As for the second addendum one can show that it reduces to

Roee’ (7 @ 1) (CQ%EF), = 2Ry [(Cye'Cf) — (Ce'CY)]
= 204 D32¥R,

And for the third have

(REGFE2) (Dsz) + Doee’ (' @ I) (REF)

where
Dyes’ (¢ @ 1) (R%}F)/ =2 Dse [Ryez'RY’' — Ryex' Ry’
= 2Dy RE'Y RY — Dyee' RY 2/ REY
= 2Dy’ RE'Y Ry =0
and

(REFE2) (Ds2) = [REee'RY' — RE e/ RE'] (Dy2)
Taking all terms together yields

—E, [Rges’Rngz’v + z’f%es’Ré] +
- (Z’R555’D’2) — o (CH) [DszSR) + %R§®‘2F¥D3z +
p [C3'DszSRy| +
—5 [(RE) 2 (Dy2)]
Simplifying gives

B { YRS Ry Dy + DssRS) + (B:204) } =0

ZNotice that Doce’ Ry = 0 implies that Dyce’ R’ = Doee’ RY' and that Ci e’ R)
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This must be valid for all possible z i.e.
{ [ngzRng + DE,ZR;} + (R5ED’2)} =0
or . .
Ds¥ R, 4+ RsXD),
Ry R, Dy

which is the formula derived in Devereux and Sutherland (2010).

V=

A.2 Two-agents multiple-assets case

In order to extend the result of Devereux and Sutherland (2010) to the multiple-asset
case we notice that oy and r,; are now k& — 1 vectors.
Now we have k — 1 different Euler equations, one for asset

(C - O*) - DO + D1§ + D2€ + D3Z
+Dyvec (e¢') + 2'Dse + Dgvec (22') (39)

and, for the ¢ — th asset
rei = FElre— RZ§ + Rzlf + Rge
+Rivec (e€') + 2 Rie + Rivec (7)) (40)
The first order solution to the vector of excess returns can be written as
Ty = R2 £ (41)
~~

(k—1)xe

where R, = [R;" o R;C_l"] . Then the cross-product of assets and their excess return

can still be written as
£1><1 = Z”YRQ& (42)

where 7y is a [ X (k — 1) matrix of coefficients.
Then, by analogy with the results shown earlier we have

E, { [”yRQ&S'R;"Dl + 15556'1%;’/} + (Réee’Dé)} =0
Notice that have k — 1 of these equations. Notice also that R is [ x (k — 1), R}

is 1 x (k—1) and Dj is (k — 1) x 1. Therefore, (Réee’Dé) is a | x 1 vector.
or using the fact that

(Rées’Dé) = vec <I Rées’Dé) = (Dyee’ ® I1x;) vec <f%g> (43)

B { [7R255’R§"D1 + 15555’}%2’] (Dyee’ @ I1x) vec <R1>} Ogx1

P
Ix1
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This must be valid for all possible z i.e.

{ [WRQZR;"Dl n 15521%3’] + (DsX @ i) vee (ég) } = 0,1

(. J

~
Ix1

J/

{ [ngZRS_L/Dl n 1552}%12“_1”] 4 (DoX @ 1) vee (R’g—l)} — 041

'

Ix1

stack column wise all the £ — 1 conditions and get

{ [ngERng + D52R;} + (DX @ I11) Rg,l.ex(k_l)} = Osxk (44)

N J/

Ixk—1

or
Y= [D52R,2 + (D22 ® L) /5,l»e><(lc—1)] (RoSR, D)™

A.3 The multiple-agents multiple-assets case

Notice that now we have n — 1 i.i.d. terms
Ha=adr,: j=1...n-1

where a; and r, are (k — 1) x 1.

Furthermore, now we have & — 1 different equations for the assets excess return
and n — 1 for the consumption differentials.

Our solution strategy is to find the optimal portfolio condition agent-by-agent
and then stack them together to solve the simultaneous portfolio problem. The coun-
terpart of the optimal portfolio condition as found in the previous section (equation
(44)) is the following for agent i

By (DM Roce By + -+ + DI 'y Roee' Ry + Dice' Ry + (DS ® ) Rg] =0

. /

Ix (k1)

where D}’ is a scalar, v; is a [ x (k — 1) matrix (j =1...(n —1)).
More compactly we can write

T
i . i 7 —1
Dl | i | =[PSR, + Dyl ] (RSRY)

Y2

where D} = | D' Iy ... DY |, Di = (Di¥ @ 1)) and Di = Di.
We can stack these equations (for agent ¢ = 1...(n — 1)) row by row to get
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T
Dy | : | == [DsZRy+ DRy o) (RsXRy) ™

V2
where Dyis (n — 1) -1 x (n— 1) - I. Then have

M

. | = D' [DsSRY + DoRY o yy) (RaZR) ™ (45)
Yo

A.4 Cross product notation

Notice that the solution equation of each variable has a term of the form (e.g. for
equation 1)
2 Are =€'Alz

This can be written as
(2 @ &) vec(A) = vec(AL) (z®¢)
Therefore, stacking each equation on top of the other would have
vec (AL
: (z®@¢) = Avec (7).
vec (A

—_——
A

A.5 Other Kronecker rules
e =er,
vec(e2') e = (2 @ Lyxm) €€’
and also

cvec(e2) = e (2 ® Lnnxm)'

A.6 Shift of endogenous state variables

The solution we are interested in is a function of the cross products of the state vector
z; = [x4_1, 8], such that E;z; 11 = z41. Some solution algorithms would deliver a
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solution in terms of the state vector 2, = [x4, s¢|. For example, as shown in Lombardo

and Sutherland (2007) have

s = Fywy_y + Fyspy + F3Vi + FyX
¢ = Prxy + Posy + P3V, + Py

Vi =@V, + & + Vg

Ty = N xyq + &

8{ = iy 1+ F251Jei1

where V;g (Zt &® Zt and ft (2t—1 ® €t), or

=[2]-8 210 (2] 3]s i)
[~ PP ] 54 P (4®%)+ PX

(Zt®2 (221 ® 24— 1)+F€t+‘1’(zt 1 @ €r)
St = FlfL't_l +F28t—1

Say that we want to express ¢; in terms of z;. Then we should recognize that

R N 0 I
Zt:|:0 I:|Zt+|:0:|€t
—— ~——

U1 U2

Then replacing this in equation (52) we have

¢ = [Plpg ]U12t+ [ P1P2 ]UQE
—+ P3 ((Ulzt + U25) ® (Ulzt + U2€)) + P4Z

Then, noting that for given matrices A, B, C' and D we have
(A+B)@(C+D)=(AC)+(A® D)+ (B®C)+ (B® D)
we can rewrite

G = [P1P2}U12t+[P1P2]U28+P42
+ P ((Urze @ Urzi) + (Ur2e @ Use))
+ P35 ((Ue @ Uyzy) + (Uze @ Use))

or

e = [P1P2}U12t+[P1P2}U25+P42
+ P(U10)) (2@ 2) + P [(Uy @ Uy) + (Uy @ Uy) Pl (2 ®€)
+ P3 (UQ@UQ) (€t®5t)

(58)

(59)

where P, is a vector permutation matrix such that P, (z; ® €;) = (& ® 2;) = vec (ze}).
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With reference to the portfolio solutions given in the text, notice that D5 =
Ps (ic,:) [(U ® Uy) + (Uy ® Uy) P,] where ic indicates here the row corresponding
to the consumption differential. Similarly Rs = P (i,,:) [(U; ® Us) + (Us @ Uy) P,]
where 7, indexes the row corresponding to the excess return.

If the state-space solution was given in terms of Psvech (2,Z;), then can use the
matrix L" such that L"vech (-) = vec (+), to have Pyvech (32]) = PsL"vec (32]).

Finally notice that the solution for the dynamics of the portfolio is given by

/
Qp = 7Y 241

I o017, 0
1 = [Fl F2 ] “t { F1 } & (60)
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B Deriving the wealth accumulation equation

It is useful to show how to derive the above wealth accumulation equation of country
1 in terms of the net foreign asset position N F A; from the more standard period by
period budget constraint. The latter would be as follows:

P
A t 51 + T Zy t52t + B}, + By, = (ZlEt + ];ttDl,t) Sit—l + (th + DQ,t) 5%,t-1

Py
+7"1tB%t 1 +r2tB%t 1+ Pt — (4,

or, by using the above definition of equity return (1):
E
th 1t +22t82t + B t+321t = 7’17& (th 15%1& 1) +T2t (Z2t52t 1)

Py
+T1,tB11t71 + TQ,tB%tfl + ?:Yl,t - Ci.

It is then easy to rewrite the last expression in terms of NF'A; by adding and
P

subtracting %Dl,t from its right-hand side, and subtracting from both sides Zf?t,
t

since:

(th + %Du)

P,
E E 1t
Tlt (th 151t 1) — 1= 7 S141— 1)+ P D,
1,t—1 t
Now adding and subtracting rftNFAt_l we get:
NFA, = (rft - rft) Qrp—1+ (Tgbjt — 7“5,5) Qo1+ (Tft — 7“13,,5) Bay

P
i NF A+ 25 (Y + D) = Gy
t

C Data Appendix

In the calibration exercise, we approximate the model specific definition of non-
financial and financial income, as well as money by using quarterly data on divi-
dends, net compensation of employees, monetary aggregates over the period 1994:Q1
to 2007:Q4. The beginning of the sample period is determined by the availability of
data for China (dividends). For the US and euro area, the measure of non-financial
income is approximated by net compensation of employees. The data for the United
States is from Global Financial Data, while the one for the euro area is from the Area
Wide Model (see Fagan et al., 2001). The best approximation of non-financial income
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using Chinese data is earnings of employees from the National Bureau of Statistics
available from the CEIC database. Due to the lack of the data of real dividend income
form the national accounts for all countries (except United States), we approximate
dividend income by multiplying dividend yields by stock market capitalization. The
data is obtained from Datastream. We deflate all variables, expect money by the
corresponding GDP Deflator available from Global Financial Data for the US and
China, and the AWM database for the euro area. For estimating the stochastic prop-
erties of the money shock, we use for China and the United States M2 data from
the IFS, while for the euro area, we use M3 data from the AWM database?*. Data
on emerging Asia is the US Dollar GDP weigthed aggregate of the corresponding
variables as defined above.

Using the data, we estimate an AR(1) process using a constant, and a linear
trend for each of the variables and calculate the variance-covariance matrix of the
corresponding residuals. The latter is used in the model solution for the determination
of the corresponding gross asset positions.

D Calibration with Exogenous CPI

Table A: Estimated Shocks Covariance Matrix

%1 €Y, €ys €p €p, €py €Dy €Dy €D3
3% 1 016 -0.11 -0.17 -0.22 0.10 0.26 0.17 -0.24
€y, | 0.16 0.49 0.35 -0.38 -0.80 -0.31 0.07 -0.03 -0.11
€y, | -0.11  0.35 37.31 -0.06 -0.26 0.11 -0.01 -0.03 0.16
ep, | 0.02  0.02 0.06 0.37 0.63 0.23 0.30 0.02 0.04
ep, | -0.07  0.14 0.09 0.63 0.26 032 0.12 0.03 0.08
ep, | 0.08 0.17 037 024 0.32 1.57 0.25 0.05 -0.13
ept1 | 0.26 0.07 -0.01 -0.24 -0.10 0.14 6.13 -0.09 -0.09
ep, | 0.17 -0.03 -0.03 025 0.13 -0.09 -0.09 31.84 0.08
€py | -0.24 -0.11 0.16 0.21 0.04 0.05 -0.09 0.08 269.89

24Note that for China, no M3 data is available, while for the US the collection of M3 data has
been discontinued.
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E Calibration with Emerging Asia Aggregates

Table B: Estimated Shocks Covariance Matrix

% €Y, €y; €M EM, EMs €Dy €Dy €Ds
€y; 1 005 0.03 -0.06 0.05 0.11 0.22 0.03 -0.02
ey, | 0.05 0.35 041 -0.05 0.17 0.20 0.10 0.01 -0.43
ey, | 0.03 041 4.14 0.04 -0.10 0.37 -0.08 0.12 -0.19
em, | -0.06 -0.05 0.04 4.64 -0.03 0.16 0.37 -0.11 0.08
em, | 0.05 0.17 -0.10 -0.03 0.84 -0.06 0.21 0.12 0.28
em, | 011 020 037 0.16 -0.06 1.16 -0.08 0.29 -0.27
ep1 | 022 0.10 -0.08 0.37 0.21 -0.08 5.48 -0.16 -0.11
ep, | 0.03 006 0.12 -0.11 0.12 0.29 -0.16 30.85 0.34
epy | -0.02 -0.43 -0.19 0.08 0.28 -0.27 0.11 0.34 94.21
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